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The " exact" mathematicians will of course say that such definitions are not definitions at all. But I maintain that in ordinary life we actually operate with such inexact definitions. Thus we speak without hesitancy of the direction and curvature of a river or a road, although the "line" in this case has certainly considerable width.
As regards the second half of my proposition, there actually are many cases where the conclusions derived by purely logical reasoning from exact definitions can no more be verified by intuition. To show this, I select examples from the theory of automorphic functions, because in more common geometrical illustrations our judgment is warped by the familiarity of the ideas.
Let any number of non-intersecting circles i, 2, 3, 4, •••, be given (Fig. 10), and let every circle be reflected (i.e. transformed
Fig. 10.
by inversion, or reciprocal radii vectores) upon every other circle; then repeat this operation again and again, ad infinitum. The question is, what will be the configuration formed by the totalitytement it is my opinion that, in our na'fve intuition, when thinking of a point we do not picture to our mind an abstract mathematical point, but substitute something concrete for it. In imagining a line, we do not picture to ourselves "length without
